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this interesting problem that our attention will be especially focused in the first two lectures. In applying henceforth the term divergent to power series, I shall restrict it to series having a zero-radius of convergence.
I shall offer no excuse for any irregularity or incompleteness of treatment. The admirable treatise by Sorel on Les Series diver-gentes (1901) and the masterly little book of Hadamard, La Serie de Taylor et son prolongement analytique (1901), leave little or nothing to be desired in the line of systematic development. While it is impossible not to repeat much that is found in these books, I have also supplemented with other material and sought to give as fresh a presentation as pos&ible.
LECTURE 1.    Asymptotic Convergence.
Few more notable instances of the difference between theoretical and practical mathematics are to be found than in the treatment of divergent series. After the dawn of exact mathematics with Cauchy the theoretical mathematician shrank with horror from the divergent series and rejected it as a treacherous and dangerous tool. The astronomer, on the other hand, by the exigencies of his science was forced to employ it for the purpose of computation. The very notion of convergence is said by Poincare* to present itself to the astronomer and to the mathematician in complementary or even contradictory aspects. The astronomer requires a series which converges rapidly at the outset. He cares not what the ultimate character may be, if only the first few terms, twenty for example, suffice to compute the desired function to the degree of accuracy required. Consequently he judges the series by these terms. If they increase, the series is for him non-convergent. To the mathematician the question is not at all concerning the nature of the series ab initio, but solely concerning its ultimate character.
Let me illustrate the difference by referring to Vessel's series
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* Les m&hodes nouvelles de la m&anique c£kste, vol. 2, p. 1. del Ckrcolo Matematico di Palermo, vol. 2 (1888), p. 197, or see BoreFs Theorie des fonclions, p. 53.
